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1 Introduction
The purpose of this paper is to emphasize the impact of functional form on estimates of
income elasticity for twenty-one foods over the course of the last century. We use a theo-
retically consistent empirical model of household food consumption that: (1) nests the
functional form of the income terms in demand equations; (2) nests the functional form of
the price term in demand equations. We will then show that existing models, which inte-
grate prices and income either linearly or in logarithmic form, tend to overstate the size
and the variability of the income elasticity for most of the twenty-one foods.
2 Data
In order to answer the question posed above, we will employ three different time series
data sets. The first is data on per capita consumption of food items and their correspond-
ing prices. Currently, this data set consists of annual time series observations over the pe-
riod 1909-1995. Per capita consumption of twenty-one food items and corresponding av-
erage retail prices for those items were constructed from several USDA and Bureau of
Labor Statistics sources. The second data series are demographic factors that help explain
the evolving pattern of demands. These demographic factors include the first three central
moments (mean, variance, and skewness) of the age distribution and the proportions of
the U.S. population that are Black and neither Black nor White. The third data series in-
volves the U.S. income distribution. The Bureau of the Census publishes annually quin-
tile ranges, intra-quintile means, the top five-percentile lower bound for income, and the
mean income within the top five-percentile range for all U.S. families.
3 Modeling the demand for food
We start with a theoretically consistent reduced form econometric model of nq-vector of2
demands for food items with conditional mean given by, (|,,) (,,) Eq pmd hpmd = ,
where q is an nq-vector of food quantities, p is an nq-vector of food prices, m is income
and d is a k-vector demographic characteristics. Let x denote the scalar variable for total
consumer expenditures on all nonfood items. Assume that each of the prices for individ-
ual food items and income are deflated by a price index measuring the cost of nonfood
items. Consider the Gorman Polar Form (Gorman 1961) for the (quasi-) indirect utility
function generated by a quadratic (quasi-)utility function,
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where a(d)i sa nnq-vector of functions of the demographic variables, a0(d) is a scalar
function of the demographic variables, B is an nq´nq matrix of parameters and g0 is a sca-
lar parameter. For identification purposes, we choose the normalization g0 =1 .
Applying Roy’s identity to this (quasi-) indirect utility function generates a system of
demands.










Next, we define Box-Cox transformations for m and p by m ( )=( m -1 ) /
k kk and
() ( 1 ) ii pp
l l= - l ,f o ri =1 ,… ,nq, with p(l) º [p1(l), …, pn(l)]¢, and replace m and p
with m(k)a n dp(l), respectively, in (1). Applying Roy’s identity to the resulting (quasi-)
indirect utility function then gives a demand system that can be written in expenditure
form as,
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where 11 [] nn ep qp q ¢ =  is the nq-vector of (deflated) expenditures on the food items q
and [ ] i Pd i a g p = .
Equation 2 forms the basis of our analysis of the effect of functional form on the in-
come elasticities of food groups over the course of the last century. The fundamental
questions addressed will concern the estimated values of the Box-Cox parameters. In par-
ticular, how these departures from the PIGLOG (0 ,0 ) k= l= and quadratic utility form
(1 ,1 ) k= l= affect the estimates of the income elasticities of the twenty-one food items.
4 Instruments for the Moments of the U.S. Income Distribution
The demand model described above is nonlinear in income. Therefore, the demand equa-
tions do not aggregate directly across individuals to average income at the market level.
The advantage of using the Gorman class of Engel curves is that to generate a theoreti-
cally consistent, aggregable model of demand, only a limited number of statistics con-
cerning the income distribution are needed. The demand model proposed in this paper




For the income distribution defined by the density function () fm, m + ÎÂ ,w ew a n t
to calculate the simplest possible information theoretic density for income conditional on
the information that income falls within a given range, say, 1 (, ] ii m - Î  ,s u c ha st h e
th i
quintile with given probability 1 Pr{ ( , ]} ii i m - Î= p  , and with conditional mean income
1 {| ( ,] } ii i Emm - Î= m  . To do so, we choose two equal subintervals in each range, so
that the probability density function has a jump at the midpoint of that range,





















































The formal derivation of this income density (among others) and its properties are de-
rived in Lafrance, Beatty, Pope and Agnew. 
5 Empirical Results 
We estimate equation 2 using a two stage SUR procedure using nonlinear least squares. 
Of crucial importance are the point estimates for the Box-Cox terms on income  κ  and 
the Box-Cox term on prices λ. 
Table 1 shows us that the Box-Cox coefficients on income and prices are both signifi-
cantly different from zero. Additional hypothesis tests show that each coefficient is sig-
nificantly different from one, jointly different from zero and jointly different from one. 
All of these tests had p-values numerically equal to zero. 
Table 1. Estimates of the Box-Cox Parameters 
Box–Cox Coefficient  Point Estimate  Standard Error  P-Value 
Income (κ )  .818649  .016988  0.0000 
Prices (λ)  .794752  .018073  0.0000 
 
The main result of this paper can clearly be seen in Figure 1. If the system of food 
demands were to be estimated using  0, 0 κ= λ= , which results in a PIGLOG specifica-
tion, one would erroneously conclude that the income elasticity of milk has declined pre-5
cipitously over the course of the last century. Conversely if the system were to be esti-
mated using the 1, 1 k= l= , which results in a quadratic utility specification, one would
conclude that the income elasticity of milk had in fact increased over the course of the
last century. Either of these models might lead a researcher to conclude that there has
been some form of structural change in the demand for milk over the course of the last
century. However, the model proposed in this paper shows that the income elasticity of
milk has only changed slightly over the period moving from slightly positive to slightly
negative.
Figure 1. Income Elasticity of Milk.


























In general, both the PIGLOG and quadratic utility specifications tend to overstate the
size of the income elasticities of food. In addition, the PIGLOG and quadratic utility6
models imply that the income elasticity of food has varied considerably over the last cen-
tury. Table 2 reports summary statistics of the income elasticities of food over the entire
sample period. We see that for fifteen of twenty-one foods the standard deviation of the
income elasticity of the approximate PIGLOG and the quadratic utility models are greater
than the standard deviation for the model where k and l are estimated. In addition we
note that the range of the income elasticities is greater for the PIGLOG and quadratic util-
ity models than the case in which k and l are estimated in most cases.7
Table 2. Summary Statistics of the Income Elasticities.
Mean/Standard Deviation Minimum/Maximum






























































































































































































































































The demand model proposed in this paper is a straightforward but powerful generaliza-
tion of currently used models. Using this approach we test and reject the restrictions that
existing models implicitly place on the Box-Cox parameters on income and prices. Our
results show that the existing models of food demand significantly overstate the size and
variability of the income elasticity of most food groups.9
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